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Problema 2. Fie ecuatia z2Y = y3%, cu necunoscutele z,y € R,

a) Aratati ca ecuatia are cel putin trei solutii cu componentele naturale.
b) Rezolvati ecuatia.
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Solutie. Evident, trebuie ca z,y € (0, 00).
a) Perechile (1,1), (8,16) si (3,9) sunt solutii.
b) Logaritméand ecuatia in baza 10, obtinem: 2ylgx = 3xlgy. (1)

Fie Y =m e (0,00). Inlocuim y = ma in (1) si obtinem:
x
2mazlgx = 3zlgme < lgz®™ =1g <m3x3) s 22 =mP3. (2)
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Daca m = 2 atunci (2) & m3 =1 & m = 1, fals. Asadar m # 2 iar
(2) &z = mF=3
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Obtinem solutiile (x,y) = (m2m*3,m2m*3) ,cum > 0,m # 7



